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TPEBOBAHUS K O®OPMJIEHUIO
NHINBUIYAJILHBIX 3ATAHNN

CTyJIeHT BBIIOJIHSIET MHIMBU/IyaJIbHbIE 3aJ]aHIsI B OTACJIbHOMN
TeTPaJy, OCTABJIAA MOJIs JIJIs 3aMedaHnil mperoiaBaTeid.

Ha o0io0xkKe TeTpajim CTYJIEHT YKa3bIBacT CBOIO (aMUINIO,
MMsi, HOMEP Y4eOHOIl I'DYIIIbI 1 BapUaHT WHIUBUIYAJIbHOIO 3a-
JTAHWA.

Pemenust 3aj1a4 ciieryer msjararh B HOPSAJIKE HOMEPOB, YKa-
3aHHBIX B 3a/IaHUN.

Pemenus 3aja4 nznararhb 1moapoOHO W aKKyPaTHO, BLITOJIHAA
BCe HEOOXOJIMMbIe TeOpeTUIeCKrne 000CHOBAHMUSI.



UNaauBugyanbHBbIE 3aJaHUST 110 MATEMATUYIECKOMY aHAJIU3Y

NHINBUIYAJBLHOE 3AJJAHUE 11
IIPEJIEJI 1 HENTPEPBIBHOCTD ®YHKIIN
MHOTTX TTEPEMEHHBIX »

1. HajitTu mnDoBTOpHBIE IIpeaeabl lim (lim f(:c,y)) |

y—b \r—a
lim (lim f(x,y))

r—a \ y—b

Nl flzyy) | a | 0 ) Nep flzy) | oa | b

2 2
42y T4TY
1.| cos 7,6 | 00 | O 2 SN 5 o0 | 00
) 2
3. | Lsin-2 0 00 4. cosTtZY 0 |oo
Ty 142y 142y
= A
5 ety 00 | 00 6 J 00 | 00

Yy Ty
9.| gty 0 | oo | 10.| sin®t2 00 | 00
g 44y y2 40
4T 2 2xy
11. | cos yQEgQ oo | oo |12. eTFey 0 | oo
1—|—2x2y 4
13.| 37TFw 0 | oo |14.| lg*tsy 00 | 00
y+x5
n 9 x4+3y
15. | sin T2 1 oo | 0 | 16. 2 y+ad 00 | 00
+xy
% JZ4+7T
17.| 7oy 00 | —oo | 18.| ctgi—¢ |+oo |00
3y+x
y
7%y _1 1 )%ty
19. 5 0 | —00|20.|(e+ = o0 | 00
T2y Ty
1+333y2 4,4
21.| 7 oy oo | 0 [22.] log,™=¢ | 40000
2 y_|_$5
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2. Haiitu aBoitnoit npenen  lim  f(z,y):
(z,y)—(a,b)
Nel o f(z,y) a | b | Nl f(z,y) a | b
2143y 4x2+y
1. 422 +62y+9y? o0 o0 2. 4yt > o~
1
3.0 (l+a)7% | 0 | 2 | 4. 22 4o 400
2
5. yay +oo|+oo| 6. HEEEL 11|
2x—y 1 2
2
9. (1 +ay) @ | 0 | 2 | 10. (1 n 5) Tl ] s
In(1427?) x+2
1 1
13.] x(2w —1) o0 1 |14, (1+y)very 1 0
15. Ll +00 | +oo | 16. | 42In (1 + ;—2) 2 | o
3r—4y 3x3+2y2
171 Sier | ©© | o |18 625+ 6,/0 00 | 00
2
19. (1+y)#? | 3 | 0 |20.] L2 | 400 —oo
In(1+22%y) 3z+y
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3. Haiitu mnDoBTOpHBIE HOpeaeabl lim (lim f(a:,y)),
y—b \r—a

lim (hm f (:c,y)) u JiBoiHO mpedes  lim  f(x,y):

r—a \ y—b (z,y)—(a,b)

Ne f(z,) alb| N f(2) a
1. Ltg oy 00| 2. 2? + ysin £ 0
3. x+y In(1 + zy) 00| 4. \3/y+2—xcos§ 0

5. 1;’—yln(l—|—:L’jg2—|—alt2y) 00| 6.](+1)*+y(l—cosi)| 0

7. 2 tg 0o/ s y+:c<1+sin§) 0

9. a2+ y2e @) | oo 00| 10. (zijf;)z 00 | 00
11. % - S%}’ oo | oo || 12. ‘;0% + %Zy 00 | 00
13. (x—l—y)anZ’;—fé/H oo | oo | 14. mW + Sigx 00 | 00
15. ioji’ + Y y+x3 0o | oo | 16.| (z+y)*In <m4+y2 + 1) 00 | 00
17. rte 5l 0|0 |18. (22 + 923 e 20+ | o0 | o0
19. y? + wsinZ 0|0 |20 ) 00 | 00
21. vr — 84 x cos i 0|0 |22 — + yzy 00 | 00
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4. UccaenoBatrh (hyHKINIO HA HEMPEPHIBHOCTD:

( 1 2 2
, o0+ Yy #0;
L flay) =y veorr

L )
2,2
In(1+zy )7 Y 7é O7

2. f(x,y) =< v
f@,y) A,

z+y 2 2 .
3. f(.fC y> _ :L'2—|—y27 xz + y2 # 07
’ 0, a*+y =0.

2?2 + 9% = 0.

2xy 2 2 .
4. f(fL' y) _ x2—|—y2’ ‘CE2 _|— y2 7é 07
’ 2, x4y =0

1
AN s S 4 :
5. flo,y) = LF)7, oty £0
e, e+ xty = 0.
( Tty x2—|—y27é0;

6. f(z,y) = Vl“;*yw

\ 9

( In(1+(y+2)?) .
7. f(z,y) = y+r 7 yt+a#0;

22 + 9% = 0.

\ 0, y+x=0.
( T
8. flz,y) =< QZTy zig
\
0. fleg)={ 77 LTV
WLy A
11. f(x,y)—{%ﬂy’ 257—&8
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ety 2 2
+y~ # 0;
12, f(a,y) =4 =7 " |
f(z.y) { 2, 2+ y?*=0.
14+2yx T ?é 0:
13‘ — $2 9 )
fzy) { 0, x=0.
In(1+2%y?) .
Y, x = 0.
y+xy 0:
15. flr,y)={ T TTV7D
I, z+y=0.
¢ €$2y_1 y # O
16. f(x,y) =< v ’
(,9) 4 y = 0.

\ )

1
17. fla,y) =4 LHu)ent g +ay’ # 0

\ e, y? + xy° = 0.
( lg(1+(a:+y)3) .
18. f(x,y) = < oy 0 THYFD
\ 0, x+y=0.
7r+xy, T 07
19. f(fﬂ,y)—{ - xiO

Sy 4a? 4 3y # 0;

T2
20. f(:l?,y)z { ! —é—?;y 4x2+3y2=0.

3x—2y T .

= ay #0;

exy2—1 T # 0:

22. f(x,y) = 11’6 ’ o 07
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5. UccnenoBarb PyHKIINIO HA HEITPEPHIBHOCTD:

p

cos(ac—y)—cos(oc—l—y)7 azy#O

1. f(z,y) = < Yy
f(z,y) ! vy = 0.

~

x3y2 4 4 .
2. fley)={ Fan L Y7
0, z'+y'=0.

sin z+siny )

e

: x+y=0.

w) Zlf—y?éO;

4. f(x,y)—{ *o r—y=0
x2+y2 .
5. f(:z:,y)—{ T xiy#g
y Ty =Vu.

tgrtgy o L)

—= y # 0;

ax24-by? 2 2 .
7. fx,y) = 4 2?0 T +y° #0;
0, 2>+1y*>=0.

N 7

sin(x—l—y)—sim(x—y)7 xy;é()

8. flx,y) =< Y
f(z,y) ! vy = 0.

9. fla,y)=q Vot

3
L 2?4 y? £ 0
10. f(z,y) = ¢ Ve V7

Inx—Iny . 0:
1 flay) =] g CTYTY
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12.

13.

14.

15.

16.

17.

18.

19.

20.

21.

22.
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f(xay) -

flx,y) =

{

(/4.4
Vo Uy 0

1)2—'—3/2 ?
A, P+t =0.

3.2
©—ry 2 2 :
x2+y2ax+y # 0;

A 2?4y =0.

2.2
§2+z27 I2+y2 7é 07
A P+t =0.

2

2
cos” x—cos” y i
T—y y L —Y # 07

0, x—1y=0.

1
€ T, x4y #0;

r+y
A, xr+y=0.

COS.Z’—COSZJ, T + y # O7

Tty
0, x+y=0.

tg x+tgy .

A x+y=0.

ctgr—ctgy )
T—y r—1Y 7é 07

A, x—1y=0.

sin x—sin y .
x_y Y x - y # 07

I, x—y =0.
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6. UccienoBaTh Ha paBHOMEPHYIO HEITPEPBIBHOCTH (DYHK-
o f(z,y,2) = ax® + by’ + 27 +d B obaacTu L:

Nelal|blc|d|la|B]|y E

100211 [3|1]]y <1, ]zl<1

2.02/1(3/1]21]1|224+¢y><1

3.010/2(2/3] |1]]z]<2

a.)51]1(3 /1|21 |z[<1,]y] <1,]2] <1

5.12(2(111(2[21|224+¢y*+22<4

6./2/1/0/3/1/3 |ly<1

7.1311113/2|1 2 22+4y%<1

8./1/1/0(4]2|3 x| < 1, |y < 2

9./1/2/0/3/3/1 ||z]<?

10.[ 112131 /1|12 22 +42+22<1

11.1]0[1(33] |2]]z] <2z <2

12. (1211212 2¢y°+22<4

13./0[1/1/|2 213 |y°+22<1

14.12/0/1(3|1] 3||z] <2z <2

15.10 1|12 |3 2|y <1,|z]<1
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16.(0/1|1 |4 13 |y>+22<4

17.)1]2/3/1/1|3|3||z] <1,]y| <1

18./1/2(5/1(21|2|224+¢y>< 1

19.(1/2]0(2/3[1] ||z] <2

20.11/5/1|7 /1|2 1||z] <Lyl <1,z <1

21.11/1/2/2/112 2|224+¢y*+22<4

22.12(3/0(3 23| ||y <2
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